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The generalized cross correlation (GCC) is a standard technique for estimating time delay between
microphone signals. A prefiltering operation by a weighting function may be included to whiten the
cross spectrum of the microphones signals. The expected result is a narrow cross correlation function
and a more accurate estimation of the time delay. Among the classic weighting functions, the most
known is the PHAse Transform (PHAT). The ability of the PHAT weighting function to whiten the
cross spectrum of the microphone signals can be improved by adding an exponent or the minimum
value of the coherence function to the denominator. Both approaches have shown promising results
for time delay estimation. In this work, the aforementioned modifications of the PHAT weighting
function are considered for performing acoustic imaging with the classic GCC and the GCC based
on the geometric mean. Numerical and experimental measurements are carried out in the case of two
acoustic sources in front of a regular microphones array.
Keywords: generalized cross correlation, source localization, acoustic imaging, weighting function,
geometric mean

1.

Introduction

In industry, workers may be exposed to high sound pressure levels. Although, providing hearing
protection devices is the easiest solution, the most efficient way is to reduce the noise of the main sources.
In this case, the first step is to identify the source positions which can be done with a microphone array.
The standard technique for localizing acoustic source positions is the beamforming performed in the
frequency or time domain [1]. The main drawback of beamforming is an acoustic image with a large
main lobe for low frequency content or high side lobe amplitude for higher frequencies [2, 3]; both
preventing from an accurate localization or separation of the sources when they are close to each other.
Many frequency beamforming techniques have been developed and are usually gathered under the
name of acoustic imaging techniques. Two recent reviews have presented exhaustive lists of improved
acoustic imaging techniques which allow for narrowing the main lobe or removing side lobes [4, 5].
Although both review papers have focused on frequency domain beamforming, Chiarotti et al. [5] have
noticed an increased interest in time-domain algorithms over the years and Roberto et al. [4] have briefly
1
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presented time domain techniques for non-stationary sources while noticing the higher computation time
for time domain beamforming.
The generalized cross correlation (GCC) [6] is commonly used to estimate the time delay of arrival
as noticed in the review paper on source localization [7], but it can also be used for acoustic imaging. It
is worth noticing that the source localization review [7] and both acoustic imaging reviews [4, 5] seem to
share the same objective but promote different techniques. This work aims to use a source localization
technique for performing acoustic imaging.
Previous works have presented acoustic imaging results based on the GCC. For instance, Quaegebeur et al. [9] have introduced a spatial criterion with GCC and have shown the efficiency of the proposed
technique for imaging loudspeakers in a reverberant environment. Padois et al. [8] have used an inverse
problem solved with sparsity constraint for enhancing the acoustic images provided by the GCC. The low
computation time of the GCC has been demonstrated in [9, 10]. Irs efficiency in narrowing the main lobe
and reducing the side lobe amplitude has been shown in [11, 12] where the GCC has been computed with
the generalized mean. Finally, the GCC has also been used to image the impulse noise of nail guns [13].
All the previous references have used the GCC without weighting function or with the Phase Transform [6]. However, many alternative weighting functions have been proposed for improving time delay
estimation [14]. The objective of this work is to compare the acoustic images obtained with the GCC and
the geometric mean for three different weighting functions such as in reference [15].

2.

The generalized cross correlation and weighting functions

The generalized cross correlation (GCC) is a standard technique for performing acoustic source localization [16, 17]. The theoretical background has already been presented in reference [6], therefore a
quick overview is only provided here.
The goal of the GCC technique is to estimate the time delay between all pairs of a given microphone
array. Then, these time delays are interpolated over a scan zone in order to generate an acoustic image
where the peak value exhibits the source position.
The time delay between two microphone signals, denoted xm and xn , can be estimated by the cross
correlation function Rxm xn (τ ). Usually, the cross correlation function between two microphone signals
is given by the inverse Fast Fourier Transform of the cross spectrum Cmn
Nf −1

Rxm xn (τ ) =

X
k=0

!

k
W (k)Cmn (k) exp j2π τ ,
Nf

(1)

√
where k is the frequency index, Nf the number of frequency samples, j = −1 and W (k) the weighting
function. If the arithmetic mean of the GCC is replaced by the GEOmetric mean, the GCC becomes the
GEO [11, 12].
The most known weighting function is the PHAse Transform (PHAT)
P HAT =

1
.
|Cmn |

(2)

The goal of the PHAT weighting function is to whiten the cross spectrum of the microphone signals.
When PHAT is used, the GCC becomes GCC-PHAT.
In 1996, Rabinkin et al. [18] proposed to partially whiten the cross spectrum by adding an exponent
ρ to the weighting function
1
ρ − P HAT =
.
(3)
|Cmn |ρ
2
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When ρ = 0 or ρ = 1, it corresponds to the cross correlation function or the GCC-PHAT, respectively. If
0 < ρ < 1, the cross spectrum is partially whiten and the GCC becomes GGC-ρ-PHAT.
In 2009,Shen et al. [19] introduced the cross power spectrum phase with coherence function. More
2
is added to the denominator of PHAT
specifically, the minimum value of the coherence function γmn
ρ − P HAT − C =

|Cmn

|ρ

1
2
+ min γmn

(4)

in this case, the GCC becomes GGC-ρ-PHAT-C.

3.

Numerical acoustic images

Numerical simulations are first considered in order to highlight the performance of the different
weighting functions. Two acoustic sources are set in front of a regular 49-microphone array. The source
positions are x=-0.25 m and x=0.25 m at y=0. The sources signals are white Gaussian noises. The microphones record the acoustic signal at a frequency sampling of 44,100 Hz. The microphone signals are
filtered by a 2nd order bandpass Butterworth in the 1000 Hz octave band. The microphone array aperture
is 0.75 m in both directions and the source-array distance is 1.2 m. The scan zone, where the source is
searched, is a square with 2 m side with a 40,401 points (201×201).
The acoustic image provided by the GCC is shown in Figure 1.a. The source positions are correctly
detected, but the source separation is not apparent due to the merging of the main lobes. In this case,
more efficient source localization techniques are required to improve the acoustic image which means
decreasing the main lobe widths. When ρ = 0.8, the ρ-PHAT and ρ-PHAT-C slightly improve the
source separation by decreasing the amplitude in between the sources (Figure 1.b-d) which means that
the weighting functions decrease the main lobe width of the cross-correlation function. However, this decrease is not sufficient for separating both sources. With the classic PHAT, the sources are more separated
but at the expense of several side lobes especially along x-direction (Figure 1.c). The weighting function
ρ-PHAT-C with ρ = 1 provides a similar trend although the side lobes are less spread (Figure 1.e). Using
the GEO does not allow for separating both sources (not shown here). However, with ρ-PHAT-C (ρ = 1)
and the GEO, the best source separation is achieved, two distinct spots are present at the source positions
without side lobes (Figure 1.f).

4.

Experimental acoustic images

Now, the efficiency of the weighting functions for separating two sources is investigated with experimental data. The experiment took place in a hemi-anechoic room. Two loudspeakers were set in front of
a regular 16-microphone array. The microphone array aperture and source-array distance are similar to
the ones used in the numerical simulations, only the number of microphones being decreased. Again, the
1000 Hz octave band is considered and the scan zone is the same.
The acoustic image obtained with the GCC is similar to the numerical one, the sources are not separated (Figure 2.a). However, side lobes surround the main lobes now. When ρ = 0.8, the acoustic
images are not improved with the ρ-PHAT and ρ-PHAT-C (Figure 2.b-d). With the classic PHAT, the
source positions are no more detected (Figure 2.c). The weighting function ρ-PHAT-C with ρ = 1 allows
for removing a part of the side lobes surrounding the main lobes, but extend them along the x-direction
(Figure 2.e). Again, the best source separation is provided by the GEO and ρ-PHAT-C where two distinct
spots are present at the source positions without side lobes (Figure 2.f).
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Figure 1: Numerical acoustic images obtained for the 1000 Hz octave band with a) GCC b) ρ = 0.8PHAT, c) ρ = 1-PHAT d) ρ = 0.8-PHAT-C, e) ρ = 1-PHAT-C and f) GEO ρ = 1-PHAT-C. The black
dots are the microphone positions. The colorbar is in dB.

5.

Conclusion

The main objective of an acoustic imaging technique is to narrow the main lobe and to reduce the
side lobe amplitude in order to accurately separate multiple sources. In this work, the generalized cross
correlation (GCC) was used to detect the source positions. Numerical and experimental acoustic images
showed that the GCC is not able to separate two sources closely spaced due to the main lobe width.
Weighting functions can be used for improving the estimation of the cross correlation function. The classic PHAT was firstly considered. Although the numerical acoustic image provided by PHAT is slightly
better then the acoustic image provided by GCC, the latter is not able to detect the source positions in the
case of experimental data. Two others weighting function (denoted ρ-PHAT and ρ-PHAT-C) were then
evaluated. While the former adds an exponent to the PHAT, the latter also adds the coherence function.
Both weighting functions allows for slightly improving the acoustic images. However, the best results is
obtained when the geometric mean is applied with the ρ-PHAT-C. In this case, both sources are clearly
separated and no side lobes are present.

4
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Figure 2: Experimental acoustic images obtained for the 1000 Hz octave band with a) GCC b) ρ = 0.8PHAT, c) ρ = 1-PHAT d) ρ = 0.8-PHAT-C, e) ρ = 1-PHAT-C and f) GEO ρ = 1-PHAT-C. The black
dots are the microphone positions. The colorbar is in dB.
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